Under certain conditions, each point of the boundary of a smoothly bounded weakly pseudoconvex domain D in C" is a peak point of 1. Introduction. Let D be a bounded pseudoconvex domain with C°° boundary. We denote by A°°(D) the set of holomorphic functions in D which have a C°° extension to D. A compact subset E of dD is a peak set for A°°_{p) if there exists / e A°°(D) such that / = 0 on E and Re/> 0 on 7)\E. Such a function will be called a strong support function for E. If E = {/?}, p is a peak point for A°° (D).
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Proof of Lemma 1. The proof is similar to the proof of Lemma 4 of [10] and most of it is presented there. The point 0 is a local minimum for φ so grad^(O) = 0 and the real Hessian of φ at 0 is semi-positive definite. By [18] it follows that the complex Hessian of φ is semi-positive definite at 0. We denote 
We have
OZi OZj
1,7=1
J By making a complex-linear change of coordinates in C n we may suppose that E' = {se R 2n \x" = 0, y" = 0}, £" = {s e R 2n \x' = 0,y' = 0}.
£SHO)
We shall identify E' with R 2r and E" with R 2 ( w " r ). E' and £" are complex subspaces of C n = E'®E" and for 5 € C" we obtain 5 = s'+s" with y G E' 9 and T = [_^I^] with S = A + iB, A and B real symmetric matrices. In [10] we prove that 
O(\z\ 3 ),
where Σ' means that we take the sum over the indices / for which λi < 1. Because φ > 0 in the neighborhood of the origin, we obtain that ctij = bij = C/y = rfy = 0 for each / = 1,..., r, j = r + 1,..., n. ) and because the first order derivatives of h vanish at the origin we obtain that ReΛ(z') = -Rχ{z') + 3 We define and we obtain (b).
The complex tangent space of dD at (0,0) is {{z 1 , w)\w -0}, hence the complex Hessian of θ has n -q -1 strictly positive eigenvalues and q zero-eigenvalues at 0.
Because / is a strong support function for E we have θ(z') > 0 and θ(z') = 0 if and only if (z f ,h(z f )) e E. Because the origin is a minimum for θ, we obtain (a).
We denote by Z = {zeV ι |θ(z') = 0}. From Lemma 1 it follows that there exists a complex-linear change of coordinates in C n~ι such that in the new coordinates (which we shall denote also z ; = (z\,..., z Λ _i)) we have:
nd we obtain (c).
71-9-1 i)χ]+ J2 PROPOSITION 1. LetD c C n be a pseudoconvex domain with smooth boundary, E c dD a peak set for A°°(D), f a strong support function for E and p e E such that the Levi form has q zero-eigenvalues at p. We denote by Z p the complex q-dimensional subspace ofTC p (dD) generated by the eigenvectors corresponding to the zero-eigenvalues.
Using the notations of Lemma 2, suppose that: Proof. We shall use the notations from the proof of Lemma 2 and continue the proof with the methods used in the proof of Proposition 9 of [3] and Proposition 3 of [11] .
The set
is in a neighborhood V 2 C V\ of 0 G C"' 1 an n + q -1-dimensional generic submanifold of C n~ι which contains ZnV 2 . We denote by τ(z) = J(gmdp(z)) where / represents the complex structure on C n = R 2n . Because Γ 0 (Σ) = {(z, w) \ w = 0}, it follows that τ is transversal to Σ at (0, 0), hence there exists a neighborhood £/ 4 c C/3 such that τ is transversal to Σ on C/4.
Therefore there exists a C°°-diίfeomorphism φ defined on with values in dD such that ( 
2) φ(z',0) = (z',h(z')) and ^(z',0) = τ(z',h(z')).
Because Z n Vι c N we have
We where r/(z', ί) = (dΦ/dxj)(z' f t) and p y are obtained by Remark 3. Let us suppose that 0 < λj< 1 for 1 < j < q and denote hj = pjθ<p> j = 1,..., q. Let {^i,..., e n j be the standard basis in C n and let SQ be the real space generated by e\,...,^«-^-i ? Je\,...,Je q . Because (4) o(z .,0) from (1) has maximal rank n -1 and N is in the neighborhood of the origin an n-dimensional submanifold of 0 β .
From (1) and (4) we obtain that the restriction to SQ of the Hessian of Φ at the origin is strictly positive definite. From (iii) we obtain that
x R and the proof continues as in the proof of Proposition 3 of [11] , the genericity being obtained by (ii). Suppose that Re G verifies (i) of Proposition 1. Then E is a peak set for A°°(D) with a strong support function which verifies (i).
Proof. We know from [3] that E is a peak set for A°°(D) with strong support function f = G/(t -uG) where t = 1 in the neighborhood of E and u is a solution of a 5 problem. It is easy to see that / verifies condition (i).
Peak points in weakly pseudoconvex domains.
For simplicity, we shall say that a peak set E for A°°(D) which verifies (i), (ii), and (iii) of Proposition 1, verifies the (GC) condition (GC=good convexity). The points of C 3 are not of strict type in the sense of [2] or [8] .
Let E = {z e dD \ z\ + z\ = 1}, which is a peak set for A°°(D) and C 3 c E. At each point of C 3 with x\ Φ 0, x 2 Φ 0 we obtain that H r C p {pJ) = 12 (Vxf + xf-l) (xffi + xffi) + 4 (y/xf+xί + ή {x\t\ + x\t\) has 4 strictly positive eigenvalues and in the neighborhood of /?, C 3 is contained in M = {z\p(z) = 1 5 xf + >^i + x\ + x 3 = 1}. Because each point of C\ and C 2 is obviously a peak point for y4°°(Z>), it follows that each point of 3D is a peak point for A°°(D).
